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Abstract—A cascade fiber-optic system that generates pulses of high spectral density by using the effect of
nonlinear spectral compression is proposed. It is demonstrated that the shape of the pulse envelope substan-
tially influences the degree of compression of its spectrum. In so doing, maximum compression is achieved
for parabolic pulses. The cascade system includes an optical fiber exhibiting normal dispersion that decreases
along the fiber length, thereby ensuring that the pulse envelope evolves toward a parabolic shape, along with
diffraction gratings and a fiber spectral compressor. Based on computer simulation, we determined parame-
ters of cascade elements leading to maximum spectral density of radiation originating from a subpicosecond
laser pulse of medium energy.
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INTRODUCTION
The development of laser systems generating radia-

tion of high spectral density is topical, because it has a
number of important applications, e.g., generation of
harmonics and frequency conversion in nonlinear
media [1, 2], efficient signal amplification in an active
resonance medium, and resonance irradiation of the
medium (for instance, for isotope separation [3, 4]).
This high practical importance makes the develop-
ment of fiber sources of radiation of high spectral den-
sity a high priority. Small size, reliability, and high
beam quality make systems based on optical fibers
extremely attractive for applications. However, fiber-
laser sources of high spectral purity are usually charac-
terized by a relatively low power [5], while nonlinear
processes developing in fibers in the course of ampli-
fication lead to considerable spectral broadening [6].
In the present work, we propose an alternative
approach based on nonlinear spectral compression
(SC) of high-power pulsed radiation of a fiber laser,
which allows obtaining pulses of high spectral bright-
ness.

Nonlinear SC is a well-known effect that takes
place due to self-phase modulation (SPM) of a nega-
tively chirped laser pulse propagating in a nonlinear
optical waveguide [7, 8]. This effect consists in SPM
nearly completely compensating the negative chirp at
a certain propagation length in a fiber. In so doing, the
width of the pulse spectrum attains a minimum. When
developing a fiber generator of radiation of high spec-
tral density, we propose using a standard subpicosec-

ond pulsed fiber laser as a source of radiation that will
subsequently undergo spectral compression. The
recent development of fiber lasers allows using sources
of different spectral ranges (1050, 1550, 1950 nm, etc.)
with pulse durations of about 0.2–1 ps and pulse ener-
gies exceeding 1 nJ [9, 10] for spectral compression.
Here, we propose a scheme of an SC of such pulses
suitable for any spectral range corresponding to fiber-
laser radiation, which allows reaching a high level of
spectral brightness required for applications.

1. MODEL OF A FIBER SPECTRAL 
COMPRESSOR

Let us analyze pulse propagation in a nonlinear
fiber by using the nonlinear Schrödinger equation
(NSE) governing complex amplitude  [11] that
has the form

. (1)

Here,  is the longitudinal coordinate,  is the time in
the retarded coordinate system,  is the group-veloc-
ity dispersion (GVD) of the fiber, and  is the param-
eter of Kerr nonlinearity. For the sake of simplicity
and clarity of our analysis, let us neglect losses in the
fiber and wavelength dependence of , i.e., the con-
tributions of third and higher orders of dispersion.
This approach can be used if the fiber length is much
shorter than , where  is the width of the
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Fig. 1. The scheme for spectral compression of laser pulses ((a) without a PS element, (b) with a PS element).
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pulse at the input of the spectral compressor and  is
the third-order dispersion coefficient. This condition
is fulfilled for pulses with a duration of 10 ps and lon-
ger that propagate in optical fibers shorter than 1000 m
and are characterized by  ps3/m. It is this sit-
uation that is realized in our case.

Several schemes of systems for spectral compres-
sion of laser pulses are presented in Fig. 1. The same
figure also shows the corresponding notations for
parameters of group-velocity dispersion  and non-
linearity  that characterize each system element. In a
standard SC scheme (Fig. 1a), a pulse that lacks fre-
quency modulation initially propagates through a lin-
ear dispersing element, where it acquires a negative
linear chirp. This process can be most effectively
accomplished by using a pair of diffraction gratings.
The pulse envelope after propagation through this ele-
ment can be expressed in the form

, (2)

where  is the rate of frequency modulation. At
the next and last stage, a pulse exhibiting negative fre-
quency modulation is injected into a nonlinear fiber.
In the course of propagation, the pulse experiences
SPM that imparts spectral modulation to the pulse
opposite to the original one; i.e., the phase of the pulse
acquires an additional term proportional to propaga-
tion length  – . As a result, frequency modula-
tion of the pulse becomes rather complex, its form
depending on the shape of the pulse envelope, initial
frequency modulation, and propagation length:

.

The spectral width of the pulse exhibiting high fre-
quency modulation is ∼ϕ'(t). At a certain length of the
fiber, the width of the frequency spectrum reaches a
minimum due to compensation of the negative chirp;
i.e., spectral compression of the pulse is achieved.
Obviously, the quality of compression depends on the
shape of envelope . It can be shown that a parabolic
shape of the pulse envelope,
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gives the best results [12, 13], where  is the peak
power. Indeed, in the dispersionless approximation,

, frequency modulation at certain length 
can be completely compensated:

;

i.e., the pulse becomes transform-limited: .
In so doing, a minimal spectral width is achieved. In
the approximation of the standard variation method,
in which the pulse envelope retains its shape upon
propagation, the influence of GVD on SC length can
be found relatively straightforwardly [14]. The results
show that SC develops considerably faster in fibers
with normal GVD. As a result of simultaneous tempo-
ral compression of the pulse, its minimal spectral
width  that can be achieved upon compression
in a fiber with normal GVD is somewhat larger than
the value of  obtained in the dispersionless case
(at ).

Note that, in contrast to the case of a parabolic
pulse envelope, spectral compression of laser pulses
with a different shape, e.g., Gaussian, is accompanied
by the appearance of distortions: SPM compensates
the initial chirp only partially or locally, which leads to
the appearance of wings and/or a pedestal in the com-
pressed-pulse spectrum, thereby reducing efficiency
of the process. Based on the above discussion, we pro-
pose modifying the scheme of standard SC by incor-
porating an additional PS (parabolic shaping) element
into it that will ensure a smooth transformation of the
initial shape of the pulse envelope to parabolic
(Fig. 1b). This goal can be achieved by, e.g., using
modern optical-processing technologies, i.e., forming
a pulse with required shape of its envelope and fre-
quency modulation. Programmable phase masks
based on liquid crystals or programmable acoustoop-
tic filters can play the role of such elements [15]. How-
ever, using such complex and expensive elements is
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Table 1. Parameters of pulses and scheme elements

No. 1 2 3 4

Element Source of radiation Fiber exhibiting gradually decreas-
ing dispersion and constant nonlin-
earity

Diffraction 
gratings

Fiber exhibiting constant 
dispersion and nonlinearity

Stage Coupling of radiation Parametric shaping of envelope Chirp 
inversion

Spectral compression

Parameters , ps Peak 
power, W

Initial 
chirp,
C0, s–2

, 
ps2/km

, m–1 ,
(W km)–1

, m , ps2 , 
ps2/km

,
(W km)–1

, m

Values 0.2 3600 0 84 0.5 3 100 –0.22 5 7 225

τ0 β20 α γp pl β2inv β2sc γsc scl
not obligatory. It is well known that a pulse acquires a
parabolic envelope profile upon propagation in a non-
linear fiber exhibiting hyperbolically decreasing nor-
mal dispersion [16]. This effect is related to the fact
that, due to relative growth of the influence of nonlin-
earity, pulse propagation in an optical fiber with
decreasing normal GVD is equivalent to pulse propa-
gation in a gain medium with an unlimited gain band-
width. As a result, a linearly chirped parabolic similar-
iton pulse (i.e., a pulse changing self-similarly) is
formed [17]. Technologically, optical fibers with vary-
ing GVD and simultaneously constant nonlinearity
parameter  can be fabricated, e.g., on the basis of
fibers with a W-shaped refractive-index profile in
cross section. When drawing fibers, substantial varia-
tion of GVD can be achieved by small variation of fiber
diameter. In so doing, mode area and coefficient of
nonlinearity along such a fiber can be considered con-
stant with high degree of accuracy [18]. Complement-
ing the system by such an element allows re-shaping
the pulse envelope and improving the SC quality at the
final stage.

2. NUMERICAL ANALYSIS

In this section, we will present the results of com-
puter simulation of the proposed SC systems. A trans-
form-limited Gaussian pulse of subpicosecond dura-
tion was used as an input pulse. Characteristics of the
pulse at the input of the cascade scheme, along with
dispersion and nonlinear parameters of system ele-
ments, are presented in Table 1.

The scheme of spectral compression of the input
Gaussian pulse in a traditional scheme (Fig. 1a) is
illustrated in Fig. 2a. At the first stage, the pulse
acquires a negative chirp. After that, the pulse is
injected into an SC element in which nonlinear spec-
tral compression takes place. Note that compressed
spectrum reveals characteristic wings accompanying
the main peak, which are caused by the differences in
the initial shape of the pulse envelope. As a result, the
final spectral density is low (see Fig. 5 below).

γ
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For comparison, evolution of spectrum of the pulse
envelope upon pulse propagation along a modified
fiber cascade is presented in Fig. 2b. The boundary
between the element responsible for parabolic shaping
of the pulse envelope (the PS element) and spectral
compressor (the SC element) represented by optical
fibers characterized by different parameters of disper-
sion and nonlinearity is shown by a dashed line. Upon
pulse propagation through the PS element, its spec-
trum experiences gradual broadening, so that the
shape of the pulse envelope approaches parabolic at
fiber length  = 100 m. In the process, the spectral
density decreases by nearly a factor of 4, while peak
power of the pulse decreases by more than a factor of
50 (Fig. 3). A thus-prepared pulse passes through dif-
fraction gratings, which invert its chirp. After that,
spectral compression of the pulse takes place in an SC
fiber element characterized by constant normal dis-
persion due to gradual compensation of negative fre-
quency modulation. For chosen parameters, maxi-
mum spectral compression takes place in a fiber of
length  m. Numerical estimates and more
detailed description of each of the elements will be
given below.

2.1. The PS Element
A subpicosecond pulse with a Gaussian envelope

arrives at the input of the first element of the discussed
fiber system from the source of radiation. The initial
pulse duration is  ps, the peak power at the
input is  = 3600 W, and the pulse is initially free
from frequency modulation.

The PS element consists of a piece of fiber charac-
terized by constant coefficient of nonlinearity . The
normal dispersion in this section of the system
decreases according to hyperbolic law of the form

 = . Here,  is the initial value of
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Fig. 2. Evolution of spectrum of a Gaussian pulse in (a)
fiber cascade schemes without a PS element and (b) in
schemes containing it. Changes in the envelope of the
pulse spectrum upon pulse propagation through different
stages of the cascade are shown schematically.
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Fig. 3. Temporal profiles of the input pulse (curve 1), pulse
propagated through the stage of parabolic shaping
(curve 2), and pulse with inverted chirp (curve 3).
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dispersion at the input of the element and  is the rate
at which the dispersion decreases with distance. Com-
puter simulation of evolution of the pulse envelope was
conducted within the framework of the standard step-
wise iterative Fourier transform method consisting in
consecutive calculation of dispersion and nonlinearity
in each separate small section of the fiber [11]. As we
mentioned before, dispersion broadening of the pulse
is observed at the output of the PS element. In the pro-
cess, its spectrum experiences nonlinear broadening.
The pulse envelope approaches a parabolic shape.
Correspondingly, frequency modulation (chirp)
becomes linear (Figs. 3, 4, curves 2).

α

OP
2.2. Chirp Inverter, the CI element
Parabolic shaping is followed by a stage in which

the pulse acquires negative frequency modulation
(chirp inversion). In the proposed scheme, this opera-
tion is implemented by a pair of diffraction gratings,
which introduces anomalous dispersion. In so doing,
the value of dispersion  is chosen so that the tem-
poral profile of the pulse envelope formed after the
parabolic shaping stage is preserved as much as possi-
ble, while its width at half-maximum remains constant
(Fig. 2, curves 2, 3):

.

2.3. The SC Element
The last and main element (the SC element) of the

proposed scheme is a fiber in which negative fre-
quency dispersion is compensated due to the effect of
self-phase modulation. The length of this section of
the fiber is , while normal group-velocity dispersion

 and nonlinearity  are constant along the fiber
length. Numerical calculation of evolution of the pulse
envelope was also conducted by the stepwise iterative
Fourier transform method. The pulse spectrum is
shown in Fig. 5 (curve 3) after its propagation through
all stages (the PS and SC elements). For comparison,
the initial spectrum of the Gaussian pulse (curve 1)
and compressed spectrum obtained in the standard
scheme (without the parabolic shaping stage)
(curve 2) are also shown. Note that spectral compres-
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Fig. 4. Spectra of the input pulse (curve 1) and pulse spec-
tra after the stages of parabolic shaping and chirp inversion
(curves 2, 3, respectively). The same spectra are shown on
a logarithmic scale in the inset.
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sion is far less efficient in the latter case. Moreover,
nearly half of all pulse energy is contained in the spec-
tral wings that will be lost after final narrow-band fil-
tering of the signal. Similar distortions in the spectrum
of the pulse that experienced parabolic shaping are
much less pronounced. The peak value of spectral
density is orders of magnitude higher than its values at
local satellite peaks.

As a result, we note that half-maximum of com-
pressed spectrum of the pulse propagated through a PS
element is Δω = 0.336 × 1012 s–1, while its peak spectral
density is  =  W s–2 (curve 3). At the same
time, the corresponding values for compressed spec-
trum of the pulse that did not pass through a fiber with
a decreasing with length dispersion are  =

 s–1 and  =  W s–2 (curve 2),
respectively. Thus, preliminary propagation of the pulse
through a PS element allows increasing the nonlinear
spectral-shaping efficiency by nearly a factor of 4.

CONCLUSIONS
In the present work, we numerically investigated

nonlinear spectral compression of a subpicosecond
laser pulse of medium energy in a fiber-optic system.
It is shown that the final shape of the envelope of the
initial pulse is critically important for quality of final
compression. In so doing, maximum degree of spec-
tral compression is achieved for a parabolic shape of
the pulse envelope.

maxP × 74.41 10

Δω
× 121.33 10 maxP × 71.09 10
OPTICS AND SPECTROSCOPY  Vol. 124  No. 3  2018
A cascade model of the fiber-based spectral-com-
pression system containing an element that ensures
transformation of the pulse envelope toward a para-
bolic shape is proposed. It is demonstrated that, for
values of parameters typical of standard optical single-
mode fibers, the proposed cascade model affords
increased quality of spectral compression (relative to
the standard scheme). The proposed model can be
used in a number of nonlinear-optical applications,
such as frequency conversion and generation of har-
monics.
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