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Plasmon-polariton distributed-feedback laser pumped by a fast drift current in graphene
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We propose a model of a slow surface plasmon-polariton distributed-feedback laser with pump by drift current.
The amplification in the dielectric–semiconducting film–dielectric waveguide structure is created by fast drift
current in the graphene layer, placed at the semiconductor/dielectric interface. The feedback is provided due to a
periodic change in the thickness of the semiconducting film. We have shown that in such a system it is possible
to achieve surface plasmon-polariton generation in the terahertz region.
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I. INTRODUCTION

The development of plasmonics over the last two decades
opens the possibilities of creating unique devices with pa-
rameters significantly exceeding the existing analogs [1–5].
The main advantage of plasmon devices in comparison with
classical optical devices is stipulated by the unique properties
of surface plasmon polaritons (SPPs)—transverse magnetic
polarized optical surface waves which propagate along metal-
dielectric or semiconductor-dielectric interfaces and whose
fields are coupled to charge density oscillations in the media.
SPPs show strong electromagnetic field enhancement, sub-
wavelength localization, and high sensitivity to the bounding
dielectric environment.

Numerous theoretical and experimental works have been
devoted to the study of methods of SPP excitation. To mention
a few recent examples, amplitude- and phase-controlled exci-
tation of SPPs with metasurfaces and metastructures consisting
of periodic nanoantennas has been demonstrated experimen-
tally in Refs. [6,7]; a nanoantenna for electrical generation
of SPPs has been proposed in Ref. [8]; generation of SPP
with a microdisk-based plasmonic source [9] and right-angled
trapezoid metallic nanoslit [10] have been also discussed.

Amplification with realizable feedback can lead to the
generation of SPPs. Such structures, called “spasers” or SPP
lasers [11–15], can be used for numerous practical applications
[16,17]. At present the problem of effective SPP amplification
in active nanostructures is among the main tasks of plasmon
technology development [18–21]. Amplification of SPPs can
be achieved using the mechanism of energy transfer from
plasma oscillations, which are sustained by direct current,
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to SSPs, which have an electromagnetic nature [22–27]. A
mechanism of the SPP wave amplification due to the energy
transfer from an electric drift current wave in graphene into a
far-infrared surface wave propagating along a semiconductor-
dielectric boundary has been proposed in our paper [28]. It
has been shown that in the spectral region of high slowing
down of SPP the amplification coefficient can reach values
exceeding the SPP damping coefficient. Graphene structures
have a record mobility of charge carriers (1.5 × 104 −1.5 ×
106 cm2 V−1 s−1—the maximal mobility of electrons among
all known materials [29–31]) which makes graphene plasmon-
ics a promising alternative for use in a variety of applications,
in particular, as the future basis of nanoelectronics and on-
chip high-speed communication [32,33]. In this paper, we
propose a model of plasmon-polariton distributed-feedback
laser with pump by fast drift currents in graphene. We show
that the peculiarity of such lasers is SPP generation at different
frequencies.

II. AMPLIFICATION OF SURFACE
PLASMON-POLARITON WAVE BY DRIFT

CURRENT PUMP

Let us consider a waveguide structure composed of a semi-
conducting film with dielectric permittivity in the far-infrared
regime ε2 ≈ ε∞[1 − ω2

p/ω(ω − iγ )] = ε′
2 + iε′′

2 , {ε′
2,ε

′′
2} <

0 (with ω and ωp being the angular and plasma frequen-
cies, respectively, γ > 0 being a relaxation parameter) and a
graphene single layer placed on its interface, as shown in Fig. 1.
This bilayer is deposited on a semi-infinite dielectric substrate
with dielectric permittivity ε3 > 0, and the top layer of the
waveguide structure is vacuum. We assume that far-infrared
SPPs are generating in such a layered thin-film plasmonic
waveguide. An electric current is induced by an applied
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FIG. 1. Schematic of a waveguide structure: a semiconducting
film with deposited graphene single layer is placed on a semi-infinite
dielectric substrate in the case of the semiconducting film (a) of
uniform thickness d; (b) of spatially modulated thickness with period
� and modulation depth δd. The direction of the electron flux in the
graphene under an applied voltage U0 is indicated by the red arrow.

voltage U0, and the electron flux direction coincides with
the SPP propagation direction (the red arrows in Fig. 1).
The semiconducting film can be of uniform thickness d

[Fig. 1(a)], as well as with spatially modulated thickness with
period � and small modulation depth δd (δd � d) [Fig. 1(b)].
The spatial modulation of the semiconducting film provides
the modification of the SPP propagation constant which is
necessary for generation conditions, as will be discussed in
detail in Sec. III.

In this section, we perform a brief analysis of the SPP
amplification using drift current pumping in the structure
schematically illustrated in Fig. 1(a). It is worth noting that in
the structure under consideration the drift current is localized
in graphene because its conductivity is much higher than that
of the semiconducting film [28].

We assume the SPP propagates with the longitudinal com-
ponent of SPP wave vector β = β ′ + iβ ′′ (β ′′ < 0, which
corresponds to the SPP damping in the propagation direc-
tion) and longitudinal electric field component Ẽx(x,z,t) =
Ex(x,z) exp[i(ωt − βx)]. Taking into account the presence of
the graphene single layer with the conductivity σ , one can write
the relation between the propagation constant and frequency
for the SPP wave in this structure in the following form [34].

exp(−2q2d) = q2ε1 + q1ε2

q2ε1 − q1ε2

q2ε3 + q3ε2 + i4πq2q3σ/ω

q2ε3 − q3ε2 + i4πq2q3σ/ω
,

(1)

where qj =
√

β2 − k2
0εj is the transverse component of the

SPP wave vector in medium j = 1, 2, 3 denoting vacuum,
semiconducting film, and dielectric substrate, respectively;

k0 = ω/c and c are the wave vector and speed of light in
vacuum.

Influence of the drift current I on the SPP wave field can
be described by the following equation [35,36].

dEx

dx
+ i

ω

Vph
Ex = −1

2

(
ω

Vph

)2

KI, (2)

where a coupling parameter K can be written as [28]

K = 4πV 2
ph

ε∞
(
ω2 + ω2

p

)
Vg

η

Lyh
, (3)

with Vph = ω/β ′ and Vg = ∂ω/∂β ′ being phase and group
velocities of the SPP wave, h = 1/Re[q2] ∼ 1/β ′ being the
SPP penetration depth in the semiconducting film, and Ly

being the width of the graphene layer. The parameter η =
|Ex |2/(|Ex |2 + |Ez|2) is written as [37]

η ≈ (ε′
2k0)2

β ′2(ε′
2 + ε3)2 + (ε′

2k0)2 . (4)

The SPP wave field modulates the amplitude of the electric
current along the graphene layer. To describe the interaction of
the current and slow SPP waves, we introduce small perturba-
tions of the current amplitude �I (x) = I (x) − I0 (�I � I0),
with I0 = n0|e∗|V0Ly being an unperturbed current; e∗, n0,
and V0 are the effective charge, the surface density, and the
drift velocity of charge carriers in graphene, respectively. The
evolution of �I can be obtained from the following equation
[36].

d2�I

dx2
+ 2i

ω

V0

d �I

dx
− 1

V 2
0

(
ω2 − ω2

q

)
�I = i

ω

V0

I0

2U0
Ex,

(5)

where ωq ≈
√

4πe∗2n0β ′/ε∞m∗ is reduced plasma frequency
which takes into account the waveguide geometrical parame-
ters, with m∗

e being the effective mass of the charge carriers in
graphene.

Thus, mutual influence of the SPP wave field and the drift
current leads to the coordinate dependence of their amplitudes.
We assume {�I (x), Ex(x)} ∼ exp(−iGx), where G is the
wave vector of the perturbation. In this case the compatibility
condition for the equation set Eqs. (2) and (5) leads to the
following dispersion relation:

(ω − GVph)
[
(ω − GV0)2 − ω2

q

] = C3ω3, (6)

where the analog of the Pierce parameter C can be written
as [28]

C ≈
(

η

2

ω2
q

ω2 + ω2
p

Vph

Vg

)1/3

. (7)

The complex roots of Eq. (6) give the value of the SPP
amplification coefficient α as

α = |Im(G)|. (8)
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III. GENERATION OF SURFACE PLASMON POLARITONS
IN STRUCTURE WITH DISTRIBUTED FEEDBACK

Let us consider the conditions for the generation of a
SPP wave in a structure with distributed feedback provided
by continuous scattering of a surface wave from a periodic
perturbation of the thickness of a semiconductor film with a
spatial period � [as shown in Fig. 1(b)]. We consider the case
of slightly varying film thickness δd = χd, when the depth of
modulation changes within the range 10−4 � χ � 10−2.

In the case of a periodically profiled film, forward
and backward electromagnetic waves with amplitudes A ∼
exp[−iβ ′x + (α − |β ′′|)x] and B ∼ exp[i(β ′ − 2πm/�)x +
|β ′′|x] (m is any integer), respectively, form in this waveguide
system. Taking into account wave-vector detuning �β = β ′ −
πm/�, the dynamics of the forward and backward surface
waves under the condition of an undepleted pump by the drift
current wave is described by a system of equations known from
the theory of lasers with distributed feedback [38].

dA

dx
= (α − |β ′′|)A − iκB exp(2i�βx),

(9)
dB

dx
= |β ′′|B + iκA exp(−2i�βx),

where the interwave coupling intensity parameter κ can be
estimated as

κ ≈ 1
2χβ ′. (10)

In Eq. (9) it is taken into account that a graphene film
with a current provides amplification only for the direct
wave A, whereas the re-reflected backward wave B is not
amplified due to the opposite directions of phase velocity of
the backward wave and drift current velocity, which makes the
phase matching conditions unsatisfied.

Using an ansatz A = Ã exp[(α − |β ′′|)x] and B =
B̃ exp(|β ′′|x), the equation set Eq. (9) can be written as

dÃ

dx
= −iκB̃ exp{2i[�β + ig]x},

(11)
dB̃

dx
= iκÃ exp{−2i[�β + ig]x},

where g = α/2 − |β ′′|. Taking into account the boundary
conditions A(0) = A0 and B(L) = 0, the solution of Eq. (11)
is written as

A(x) = A0
(g − i�β) sinh[S(L − х)] − S cos h[S(L − х)]

(g − i�β) sinh(SL) − S cosh(SL)

× exp
{(

i�β + α

2

)
x
}
,

B(x) = A0
iκ sinh[S(L − х)]

(g − i�β) sinh(SL) − S cosh(SL)

× exp
{(

−i�β + α

2

)
x
}
, (12)

with S2 = κ2 + (g − i�β)2. On the basis of the solutions
obtained for the amplitudes of the forward and backward SPP
waves, the reflection R and transmission T coefficients take

the form

R =
∣∣∣∣B(0)

A(0)

∣∣∣∣
2

=
∣∣∣∣ κ sinh(SL)

(g − i�β) sinh(SL) − S cosh(SL)

∣∣∣∣
2

,

(13)

T =
∣∣∣∣A(L)

A(0)

∣∣∣∣
2

=
∣∣∣∣ S exp(αL/2)

(g − i�β) sinh(SL) − S cosh(SL)

∣∣∣∣
2

.

(14)

From Eqs. (13) and (14) it follows that efficiency of the
energy transfer between the forward and backward SPP waves
depends on the detuning value �β. By choosing the period �

of the structure and the length L of the waveguide (length of
the graphene layer), it is possible to manage the interaction
between the waves.

In the approximation of inexhaustible pumping at certain
parameters of the system, the energy of the generated waves
can increase indefinitely, i.e., {R, T } → ∞. This condition is
fulfilled provided that the denominators of Eqs. (13) and (14)
tend to zero, so that the following relation is satisfied:

(g − i�β) sinh(SL) = S cosh(SL). (15)

However, from Eq. (14) it follows that in the transmission
spectrum T (ω, �) for some values of period � there are
spectral ranges with central frequencies corresponding to the
propagation constants β ′

m = mπ/�, where the SPP genera-
tion does not occur. We will call the corresponding area a
“plasmonic band gap” (by analogy with the photonic band
gap in photonic crystals). The SPP generation is possible at
the plasmonic band-gap edges when the condition Eq. (15) is
fulfilled.

IV. RESULTS OF NUMERICAL CALCULATIONS

In this section, we present results of the numerical analysis
of the equations presented above, and discuss the regimes of
amplification and generation of SPP waves. For the numerical
calculations, we took the following values of the material
parameters: ε∞ = 10.89, ωp = 34.2 × 1012s−1 (Ref. [39]),
and γ = 0.01 ωp for semiconductor (GaAs); the dielectric
permittivities of the cladding and substrate are ε1 = 1 (air),
ε3 = 4(SiO2), respectively. The thickness of the semiconduct-
ing film is d = 30 nm, and the waveguide length L = 250 μm.
For dc current in the graphene, the surface charge carrier
density is ∏

0 ≈ 1012cm−2 (Ref. [29]). We assume the charges
in graphene move with velocity V0 = 0.8 × 108cm/s [40–42].

The graphene surface conductivity in the terahertz regime
is calculated using the following expression which takes into
account the loss in graphene [43,44].

σ (ω,μc,�,T ) = ie2(ω + i2�)

πh̄

[∫ ∞

−∞

fd (−ω) − fd (ω)

(ω + i2�)2 − 4ω2
dω

− 1

(ω + i2�)2

∫ ∞

−∞

∂fd (ω)

∂ω
|ω|dω

]
, (16)

where fd = {exp[(h̄ω − μc)/kBT ] + 1}−1 is the Fermi-Dirac
distribution, μc is the chemical potential, T is temperature, �

is a phenomenological scattering rate, h̄ is the reduced Planck
constant, and kB is the Boltzmann constant. In our calculations,
we assume Т = 300 K, μc = 0.2 eV, and � = 1 meV.
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FIG. 2. Frequency dispersion of (a) the SPP phase velocity Vph

(solid orange line), group velocity Vg (dashed violet line), and drift
current velocity V0 (dotted green line); (b) amplification coefficient α

(solid red line) and absolute value of loss coefficient |β ′′| (dashed blue
line) for the parameters given in the text. The inset in (a) shows the
dispersion of the SPP propagation constant β ′. Dashed vertical line
shows frequency corresponding to condition Vph = V0. Green area
shows frequency interval whenα > |β ′′|, and shaded area corresponds
to SPP generation regime (see comments to Fig. 3).

First we show the frequency dispersion of the parameters
of the SPP in the case of no spatial modulation of the
semiconducting film [the structure schematically illustrated in
Fig. 1(a)]. Phase and group velocities of SPP are shown in
Fig. 2(a) with solid orange and dotted violet lines, respectively,
and the dotted green line corresponds to drift current velocity
in graphene. The dispersion of the low-frequency branch of
the SPP propagation constant β ′ is illustrated in the inset in
Fig. 2(a) in order to show that the values of β ′ ∼ 105 cm−1

are two orders of magnitude larger than the values of k0 ∼
103 cm−1 in the considered frequency range, so β ′ 	 k0. From
Fig. 2(a) it follows out that the SPP wave in a semiconducting
film can be slowed down to velocities of the same order of
magnitude as the drift velocity of the current carriers (Vph <

108cm/s), which allows the effective transfer of energy from
the current carriers to the surface electromagnetic wave. One
can see that the condition Vph = V0 is fulfilled at the frequency
ωsyn ≈ 27.67 × 1012rad/s, as shown with the vertical dashed
line.

The dispersions of the SPP amplification coefficient α and
Ohmic loss coefficient |β ′′| are shown in Fig. 2(b) with solid red

FIG. 3. Evolution of the transmission coefficient T with angular
frequency ω of SPP and period of the structure �. The parameters of
the structure are the same as for Fig. 2.

and dashed blue lines, respectively. As follows from Fig. 2(b),
the amplification linewidth is �ωα ≈ 0.08 × 1012rad/s. Com-
paring the solid red and dashed blue lines, one can see that
the total loss compensation (α > |β ′′|, green area) takes place
almost within the whole amplification line. Note that the maxi-
mal amplification coefficient αmax ≈ 3 × 103cm−1 is about six
times larger than the loss coefficient |β ′′|. It should be noted that
amplification in the system occurs at frequencies higher than
ωsyn, i.e., when Vph < V0, in contrast to our previous paper
[28], where in a similar system the maximal amplification
took place at ωsyn due to neglecting the reduced plasma
frequency of graphene. This regime is connected to Cherenkov
radiation in the plasmonic waveguide [45]. The corresponding
amplification mode of the electromagnetic waves is typical,
in general, for microwave amplifiers and generators (traveling
and backward wave tubes) [46]. For these devices, the largest
amplification also occurs under the conditions when the drift
velocity of the current exceeds the value of the phase velocity
of the amplified wave.

Further we analyze the behavior of the SPP transmission
coefficient in the case of spatially modulated semiconducting
film thickness. The transmittivity T calculated using Eq. (14)
is shown in Fig. 3 as a function of the angular frequency ω

of SPP and period � for the modulation depth χ = 10−2 and
m = 1. The depth of spatial modulation in this case is δd =
1nm. One can see that within the frequency range (28.335 −
28.345) × 1012 rad/s a plasmonic transition band exists, i.e.,
the frequency interval with high values of transmittivity. Due
to high values of the SPP loss coefficient, the generation band
(T 	 1) is located inside the amplification line (α > 0), and
its width is �ωg ≈ 1010rad/s [see shaded area in Fig. 2(b)].

One can see from Fig. 3 that for the modulation pe-
riod within the range 71 nm < � < 71.5 nm the plasmonic
transition band is interrupted with a plasmonic band gap
characterized by extremely low transmittivity (T → 0). For
the structure under consideration the � width of the plasmonic
band gap is about 1.5 nm. The position of the plasmonic band
gap in the � axis depends on the frequency of the radiation,
namely, the band-gap center corresponds to the modulation
period � = π/β ′(ω). In the vicinity of the plasmonic band-gap
edges the transmittivity demonstrates an abrupt increase with
T 	 1, which corresponds to the SPP generation conditions,
Eq. (15).
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FIG. 4. Cross sections of Fig. 3 at two values of the structure
period � = 70.5 nm (solid orange line) and � = 72 nm (dashed blue
line).

From Fig. 3 it one can also see that for every modulation
period � the dependence of the transmittivity T on the
radiation frequency represents a group of peaks. The amplitude
of these generation peaks is determined by the shape of the
amplification line α(ω) of the SPP. The generation peaks
shift from high-frequency band-gap edge to low-frequency
edge with increase of �. To show in detail the behavior
of the transmittivity in the vicinity of the plasmonic band
gap, in Fig. 4 we plot cross sections of the T surface at
two values of the structure period L = 70.5 nm (solid orange
line) and � = 72 nm (dashed blue line), which correspond to
the opposite edges of the forbidden band gap. One can see
that, for each �, the SPP generation takes place at several
equidistant frequencies around ω = 28.34 × 1012 rad/s with
step �ω ≈ 6 × 108 rad/s.

V. CONCLUSIONS

We have shown the possibility of surface plasmon-polariton
generation in a waveguiding system containing a graphene

single layer. The proposed model is a kind of hybrid of a
distributed-feedback laser and a traveling-wave tube, well
known in microwave technology. In this type of plasmon
laser (spaser) the amplification is created by fast drift currents
propagating in the graphene, and the feedback is realized due
to a periodic change in the thickness of the semiconducting
film. In such planar structure it is possible to achieve the sur-
face plasmon-polariton generation simultaneously at several
frequencies.

The frequency and amplitude of the generated SPP waves
can vary due to changes in such structure parameters as
the thickness and modulation period of the thickness of the
semiconductor film. To keep the SPP generation regime it
is necessary to control the feasibility of the synchronism
condition for the velocities of the motion of the charge
carriers in graphene V0 and the phase velocity Vph of the
SPP wave. Note that an increase of the film thickness leads
to an increase of the phase velocity of the SPP, which requires
larger drift velocities V0. Fabrication of composite graphene
structures with large Fermi velocities and, thus, larger V0,
is currently in progress. Such techniques are called “Fermi
velocity engineering” [47,48]. The first experimental results
indicate the actual fabrication of structures with the Fermi
velocity up to 3 × 108cm/s [49–51]. Numerical estimations
show that for such values of the drift velocity in graphene the
generation of SPPs will be possible in a semiconductor film of
thickness of about 100 nm.

The proposed model of ultracompact generator of terahertz
surface plasmon polaritons with current pumping can find wide
application both in communication technologies and in the
development of ultrafast optical logic elements.
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